($\gamma_{1}\gamma_{2}$ are rationaI functions).
\S 1. Introduction
In 1913, $*T$ . Malmquist [3] proved the following important theorem: Later a $prf$ based on R. $Nevan^{\prime}inna' s$ theory of meromorphic functions was given by K. Yosida [7] . In particular, Yosida's argument gives us the following result:
Theorem B. Let $R(z, y(z))$ be a rational function of $z$ and $y(z)$ . Then if the following equation (1.2) $y^{\prime}=R(z, y(z))$ , admits a transcendentai meromorphic solution $y(z)$ whz $ch$ has only finitely many poles, then $R(z, y(z))$ must be a linear function in $y(z),$ $i$ . $e.,$ $R(z, y(z))=r_{1}(z)+r_{2}(z)y(z)$ ($\gamma_{1}\gamma_{2}$ are rationaI functions).
The argument used in [ 
where $n(r, a)=n(r, a, y)$ denotes the number of $rts$ of the equation $y(z)=a$ in $|z|\leq r$ .
$N(r, y)=N(r, \infty, y)$ .
We also define $T(r, \phi)\leq(l+1)T(r, y)+S(r, y)$ .
Remark. If the function $y$ satisfies the $ndition$ :
then (2.6) and (2.8) yields (2.9)
$\tau(r,$ $4y-)=S(r, y)$ .
For our estimation, the following result will play a basic role. 
We rewrite (2.11) as (2.12)
Thus by (2.9) of Lemma 1 and in addition, we have (2.13)
Now on the circle $|z|=r$ , let (2.14) 
Hence, from this, (2.13) and (2.14), we have
$=m(r, p_{\ell}(y))+l$ log $2+S(r, y)$ .
Adding $lN(r, y)$ on both sides of the above inequality, we obtain $T(r, P(y))=dT(r, y)+S(r, y)$ .
Proof. By a result of Y. Tumura [5] one can express 
\S 3. Main Results
We first prove a general result. Theorem 1. Let $R_{\ell}(z, y(z),$ $y_{1}(z),$ $\cdots,$ $y_{k}(z))i=1,2$ , be given rational functions in $y_{0}(z),$ $y_{1}(z),$ $\cdots y_{k}(z)(y_{i}(z)\equiv y^{(i)}(z))$ with meromorphic functions as their coefficients. where, $p_{i\ell}(z, y_{0}, y_{1}, \cdots,y_{k}),$ $q_{i\ell}(z, y_{0}, y_{1}, \cdots,y_{k})$ are two relatively prime polynomials in $y_{0},$ $y_{1},$ $\cdots,y_{k}(i=1,2)$ with degree $n_{i},$ $m_{i}(i=1,2)$ respectively.
Assume that Since $p_{21}$ and $q_{21}$ are interchangeable, we thus have $T(r, R_{2})\geqq|n_{2}-m_{2}|T(r, y)+S(r_{*}y)$ .
Our assertion follows from this, (3.7) , and the fact that $T(r, R_{1})=T(r, R_{2})$ . Now let us consider the special case $R_{1}(z, y_{0}, y_{1}, \cdots,y_{k})=y^{\prime}$ and $R_{2}(z, y_{0}, y_{1}, \cdots,y_{k})$ is a rational function of $y$ only. Thus equation (3.4) assumes the form Then by (3.10) and (2.5) of lemma 1 we have It follows from this and $threm1$ that (3.14)
In case (i) we have, according to (3.9) that
where $Q_{n_{2}}(y)$ is a differential polynomial in $y$ of degree at most $n_{2}$ .
APplying lemma 4 to (3.15) and (3.16) we obtain Thus it follows from (3.19) and (3.20) that (3.21) $T(r, b_{m_{2}}y-b_{m_{2}-1})\leqq T\{(r, y^{\prime}(b_{m_{2}}y-b_{m_{2}-1})\}+\tau(\gamma,$ $\frac{1}{b_{m_{2}}y})$ , $=S(r, y)$ . This gives a contradiction, since (3.22) $T(r, b_{on_{2}}y-b_{m_{2}-1})=T(r, y)+S(r, y)$ .
Case (ii) and case (iii) can be handled in a similiar manner and will lead to the same contradiction.
Thus we must have $m_{2}=0$ . Now according to (3.14) we conclude $n_{2}=1$ .
Thus the following theorem is proved. Theorem 2. If the differential equation (3.23) $y^{\prime}=\frac{a_{1}(z)+a_{2}(z)y+\cdot.\cdot.\cdot+a_{n_{2}}(z)y^{n_{2}}}{b_{1}(z)+b_{2}(z)y+\cdot+b_{m_{2}}(z)y^{m_{2}}}$ , has a transcendental meromorphic solution $y(z)$ such that conditions (3.10), (3.11) and (3.12) are satisfied. Then it is necessary that the right hand side of equation (3.23) is linear in $y$ .
Pemark. The above argument also shows that the same conclusion holds if one replaces $y^{\prime}$ by $y^{(n)}(n\geqq 0)$ in the equation (3.23 ).
The following two results follow immediately from the proof of Theorem 2. 
